Definition 0.1. A sequent is a sequence of formulas oy, ..., o0, F 7, which we
write as og,...,0, b 7. The list 09, ...,0, may be empty, which we write as

For.

The rules for the sequent calculus we are using are:

o Axiom:

— For any wff, a F « is an axiom.

e Structural Rules:

— (Weakening) From oy, ...,0, b «, deduce oq, ...,0p, 7 F «

— (Contraction) From oy, ...,0,,a,a - 8, deduce oy, ...,on,aF

— (Exchange) From oy, ...,0;,0441,...,0n F «, deduce oq, . ..,0411,04,...,0, F
e’

e Logical Rules:

— (A1) From oy, . .

aAp

— (Ag) From oy, ...
— (Vy) From oy, ...
— (Vy) From oy, ...

T2
o=

— (=) From oy, ..

- (—)E) From 00, - .

— (—7) From oy, ...

e’

— (—g) From oy,

educe oy, ...

,opFaandg,..., 7 F B, deduce og, ..., 00, Ty s Tm

..,on FanpB, deduce og,...,0, F a
,on Fa AN B, deduce og,...,0, F 08
,on F a, deduce og,...,0, FaVp
,on B B, deduce og,...,0,FaV

.,opbavBand Ty, ..., T, a b yand vy, ... v, B F

,O'n,To,...,Tm,Uo,...7Ukl_’}’

., 0n,a F 3, deduce og,...,0, Fa—

L, onFa— BandTy,..., 7 F «,deduce og,...,0n, 70, - -

,on,at Bandg,...,Tm,at =5, deduce og,...,0n, 70, ..
.o, 0, F =, deduce og,...,0, F «

Tm F

7Tm}_



Sample deductions:
1. aF a (Ax)

2. Fa—=a(—=r)

1. ata (Ax)
2. a,BFa (W)

3. ab B—a (=)

4 Fa(Ba) (=)

1 (@AB) =7k (aAfB) = (Ax)
2. aka (Ax)

BF B (Ax)

a,BF aAB (A from 2,3)

(@A B) = v,a,fF~ (=g from 1,4)
(@nB) = y,abB = (=)
(@np) = rba—=(8—=17) (=)
Fllanp) =)= (a—=(B—=7) (=)
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